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41Question A How hard to think if Pol PolIB

Decidability ofDefinability

If A Bleq to
mathbbC fbh Ramsey then can decide if

wedgeBarepp
interdefinableThm

Bodisky Pinsker Trankov 2011

PolH Po LmathbbD

sketchof proof Pol Aneq Pol B wlog 7ft POLA PolIB

fePolA PolIB acting on Aut cn orbits An

cn cn

fbh for large enough cap computable

can decide if operation on

Ante profline cn orbits is induced

by polymorphism of A or B

s1S1

s2 s2



Question 2 How hard is it to find mc core

Thm f Pinsker 2026

If Aleqf0mathbbC
llbracket fbh Ramsey then can compute the

mc core Ac of A

Sketchof proof

finite Choose fin End7 with fleftAright minimal

fleftArightsubseteqA homom.equir.to A
Auf fleftAright End fleftAright

general Choose f EndA acting on Auto n0leftright orbits Vn
S.t fleftAright intersects minimal set of orbits
so AcfleftAright f
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rho01B

Decidability of InterpretabilityIhm F Pinsker 2026

If Aleqf0mathbbCBleqf0mathbbD and mathbbC mathbbD fbh Ramsey Ac mathbbRc
without algebraicity 1 transitive then can decide if

AcBc dieppbi interpretablePoLmathbbRccong
top Pol

mathbbRc

Main ingredients mc core is computable

Rubin 1994 A Bomega cat without algebraicity

Aut cong

top
Aut13l bijection phiArightarrowB

PAut APhi1AutB

with additional assumption the same holds

for PolAc PolmathbbRc



7Beyonddecidability measuring

complexityFirstorder reducts of can be finitely represented
fbh
structuresmakes

sense to ask Is Pol Acong Pol B decidable

w cat structures not fin representable no decidabilitymake
no

senseButcan be encoded 25 0 1 sey

Their collection forms Borel spacecongmathbbR

Equiv rel on Borel space X is smooth if

BorelexistsIXrightarrowmathbbR sit xyLeftrightarrowIleftxrightIleftyright
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Smoothness of topisomorphismThmNies Paolini 2024

The equivalence rel

AsimB Aut Acongtop Auf B

is smooth for w cat structures without

algebraicity.key
realization Aut EpAufB bij phiArightarrowB sit

PAutAphi1
AutIB.Thm

f Pinsker 2026 AsimB POLAcong
topPollB is smooth for

W cat transitivemodel complete cores without algebraicity
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